In a previous paper an asymptotic expansion for λ d in powers of 1/d was developed.
as well as checking the correctness of the terms previously calculated by hand. In [1] an expansion for λ d in powers of 1/d was presented, completing the asymptotic expression obtained in [2] , by Minc. The expression as presented in [1] is
One result of this paper is the extension for one more power of 1/d
The key quantities to be computed are theJ i defined in equation (28) of [1] , and the note after (33) thereinJ
The first fewJ i are given in (29) and (38) of [1] .
We have used Maple software to compute theJ i for i The results, (4) through (21), and equation (30) of [1] (whose proof will appear in a later paper), will establish the following formulae forJ i in general dimension:
J 6 = 7 48
Substituting these values ofJ i into (36) of [1] , and extracting the behavior of the exponent in (36) to order 1/d 3 , we get the result in (2) above. We are using the fact that 
is constructed from
by
We then have the results:
Of course here, for d = 2, the exact result λ 2 = .29156.... is known. [3] , [4] For d = 3:
A 2 = .4433 (37)
Exact bounds for λ 3 as given in [5] are
Our second sequence of approximations is
constructed by replacingJ i byJ i x i−1 with x a formal parameter. We then substitute theseJ i x i−1 forJ i in (36) of [1] . To obtain B r , keeping terms through power x r (and then setting x = 1), we get the values:
for d = 2: we to redo the hand calculation ofJ 4 as described in [1] , we would find it much more efficient to echo some of the ideas used in the computer programs. Naturally we cannot describe the many little clever ideas, saving memory and increasing efficiency, needed to push the computations to the level of obtainingJ 6 . We find it convenient to describe our computations as divided into four steps, which we present in inverse order.
Step 4. This step assumes knowledge of theJ i , and substitutes them into (36) of [1] to obtain the approximations A i and B i .
Step 3. This step assumes known the quantities
(where f is as in [1] ,
on a dimer, zero on other tiles, and (53) is as (28) of [1] with v replaced by f ) and computes
Step 2. Takes the output of Step 1 described next to yield the expression in equation (53) above.
Note that in equations (53) 2) the two sub-ordered sets of located tiles have no overlap between them.
We now define an s-dimer tree to be an ordered sequence of s located tiles s 1 , s 2 , ..., s s such that for each i ≤ s the sequence of located tiles s 1 , s 2 , ..., s i is connected. It is easy to see s-dimer trees are the sort of thing a computer can easily generate.
